We now state our result; further background and references will follow. THEOREM 1.1. -Let X and Y be infinite, locally finite, connected quasi-transitive graphs and suppose that Aut(X) is not amenable. Then on the direct product graph X x Y, P pu (3 a unique infinite cluster) = 0.
Remarks. - 2022 For the definition of amenable groups, see, e.g., [14] . Theorem 
BACKGROUND
In an infinite tree, clearly pu = 1, and in quasi-transitive amenable graphs, the arguments of Burton and Keane [5] yield that pu = pc (see [6] ). Examples of transitive graphs where Pc p~ 1 were provided by Grimmett and Newman [7] , Benjamini and Schramm [4] and Lalley [ 11 ] . The conjecture stated in [4] Let ro := r1 (r) n h2 (r, n) n F3 (r, n, and note that P[(x, y) ~ ro] ryG/2 for any (x, y) e Vyxy. The "shadowing method" which is the key to our argument, is based on defining a site percolation on X that requires "good behavior" simultaneously in two levels, X x { yo } and X x {yi}. (The action of G on X has infinite orbits, whence the induced action on the random field is ergodic.) Our next task is to verify that for any infinite path with vertices 1 in A , its lift ~o := {(~ to X x {yoL is "shadowed" by an infinite path with edges that remains a bounded distance from ~o . Kazhdan groups. Lyons and Schramm [ 13] proved that pu 1 for Cayley graphs of Kazhdan groups. The present author observed that their argument can be modified to prove nonuniqueness at pu on these graphs; see [13] . Pemantle [15] considered the contact process on Td with infection rate JL He showed that if~/~4, then the critical parameter for global survival, À1 (Td), is strictly smaller than the critical parameter for local survival, ~,2(Td); the result was extended to T3 by Liggett [12] . Zhang [21 ] showed that the contact process on Td does not survive
